Image segmentation of retinal blood vessels is a process that can help to predict and diagnose cardiovascular related diseases, such as hypertension and diabetes, which are known to affect the retinal blood vessels' appearance. This work proposes an unsupervised method for the segmentation of retinal vessels images using a combined matched filter, Frangi's filter and Gabor Wavelet filter to enhance the images. The combination of these three filters in order to improve the segmentation is the main motivation of this work. We investigate two approaches to perform the filter combination: weighted mean and median ranking. Segmentation methods are tested after the vessel enhancement. Enhanced images with median ranking are segmented using a simple threshold criterion. Two segmentation procedures are applied when considering enhanced retinal images using the weighted mean approach. The first method is based on deformable models and the second uses fuzzy C-means for the image segmentation. The procedure is evaluated using two public image databases, Drive and Stare. The experimental results demonstrate that the proposed methods perform well for vessel segmentation in comparison with state-of-the-art methods.
Introduction
Retinal vessel segmentation is an image processing procedure that can help in the detection of numerous eye diseases [1] . Complete and correct segmentation is normally required for proper analysis of the vessels and their branching patterns. Manual tracing of retinal vessels is one method that can be used for segmentation. However, it is a long and tedious task which also requires training and is prone to interoperator variability [2] . Automatic segmentation is desirable but is generally vulnerable to artifacts/noise, image resolution, illumination and other variations present in the images. Furthermore, the retinal images present two vascular networks: the arterial and the venous. These vessels cross and overlap with some frequency, especially next to the optical disc, hindering the automatic segmentation of the image. For these reasons, retinal vessel segmentation still poses a great challenge.
A wide variety of blood vessel segmentation algorithms are described in the literature. In general, these algorithms can be grouped into supervised and unsupervised methods.
Supervised methods [1, [3] [4] [5] [6] depend on a number of hand-labeled gold standard images. However, this type of approach presents two main problems. First, as noted by Hoover et al. [7] and cited by Fraz et al. [2] there is significant disagreement in the identification of vessels, even amongst expert observers. Secondly, not all problems are clearly labeled, for example there are uncertainties in the boundary of a vessel, especially in the small vessels. Also, vessels near pathology are difficult to label [7] .
On the other hand, unsupervised vessel segmentation [7] [8] [9] [10] [11] [12] [13] [14] [15] [16] is performed without training data or hand labeled ground truths. Such algorithms are able to reveal correlations, patterns, regularities or categories in the data samples. The ability to segment without hand labeled images allows to operate at a wide range of conditions and with retinal images obtained from different cameras.
Retinal vessel segmentation is a process that in most cases consists in enhancement of the vessels combined with a segmentation method. Many methods for unsupervised retinal vessel segmentation rely on information from vessel enhancement filters [7, 8, 10, 14, 17] . Popular filters are: matched filter [10] , Frangi's filter [18] , and Gabor Wavelet filter [5] . Each filter responds differently to a vessel pixel. The combination of various filter responses in order to improve the segmentation results, is the main motivation of this work.
The idea is to weigh several individual filters and combine them in order to obtain an enhanced image that outperforms each one of them. A necessary condition for a combined filter to be more accurate than any of its individual members is that the result of each individual filter presents a high diversity [19] . In this work, an accurate vessel enhancement filter is one that enhances the pixels of the vessels and suppresses the intensity of the pixels belonging to the background.
Here, we propose an efficient unsupervised method for automatic retinal vessel segmentation that combines three vessel enhancement filters: matched filter [10] , Frangi's filter [18] , and Gabor Wavelet filter [5] . These filters were chosen because of their individual performance and because they are based on different concepts, increasing the diversity of the filtering results. Two approaches are used to perform the filter combination: weighted mean and median ranking. The procedure is based on the combination of specific filters for the enhancement of vessels in the images, which serves as input to the segmentation methods. The main advantage of the proposed methods is that they are completely unsupervised. In addition, the approaches combine different filters that yield better results than using a single filter.
Proposed Method
The proposed method for filter combination is divided into three steps, as shown in Fig 1. After intensity normalization of the vessel image, three specific filters for the enhancement of the blood vessels images are combined: matched filter [10], Frangi's filter [18] , and Gabor Wavelet filter [5] . These filters were chosen because they are the most used in the literature in retinal vessel segmentation [5, 7, 8, 10, 14, 17, 18] . The filters are based on Gaussian functions, which ensures good responses to the vessel enhancement filters [10] . Moreover, they are fast and easy to implement. The image is then segmented and noise is removed in a post-processing step. In the segmentation step we use the Fuzzy C-means, ORSF and optimize threshold approaches.
illumination. From the RGB model, only the green channel is selected because it exhibits the best contrast between vessels and background while the red and blue channels tend to be very noisy [20] . Contrast stretching improves the contrast and illumination of the image. The algorithm requires two limits, a lower value α 1 and a higher α 2 (these limits are set 0 and 1, respectively). Each pixel p is scaled according to
where β 1 and β 2 are the lowest and highest pixel values present in the image, respectively. Matched filters extract the blood vessels by convolving the image with predefined filters that enhance the vascular structures features. The vessel intensity profile is symmetrical from a line passing through the center of the vessels. Gaussian models are the basis for the generation of filters for the vessels detection. Both matched [10] and Laplacian of Gaussian filters [8] are proper choices for the vessels detection. However, while the matched filter enhances the vessels using Gaussian filters with different orientations, the Laplacian of Gaussian is an isotropic filter. In this work, we used the matched filter as proposed by Chaudhuri et al. [10] . Fig 2C shows an enhanced image using this filter.
Frangi et al. [18] presented a technique that enhances the blood vessels in the images. A measure that describes the vascular structures is obtained from eigenvalues of the Hessian matrix. The enhancement process of this method considers the vessels as tubular structures. Since the vessels appear in different sizes, the process uses information obtained from a range of scales. Fig 2D shows an enhanced retinal image using Frangi's filter.
Gabor Wavelet is the last filter used by the proposed method for the filter combination. Soares et al. [5] presented a method for the enhancement of the vessels using the Gabor Wavelet transform at various scales. The Gabor Wavelet is an elongated Gaussian function modulated by a complex exponential. Fig 2E illustrates the results from the Gabor Wavelet filter.
Filters Combinations. The main motivation for filter combination is the complementarity that they provide. The Frangi's filters, Gabor Wavelet and matched filter present different results and when these filters are combined, the overall result can be improved. Fig 3A-3C show a part of an enhanced image by the Frangi's filter, Gabor Wavelet and Matched filter, respectively. The Wavelet Gabor and matched filters enhance the small vessels better, while Frangi's filter is less sensitive to noise. In this subsection, the combination methods of weighted mean and median ranking are described.
Weighted Mean and Optimization. The combination approach using the weighted mean is similar to the method presented by Oliveira et al. [21] . It combines the filters through a weighted mean using Fuzzy C-means and deformable models. The weights were defined through many experiments. However, in this work we propose an approach for the automatic selection of weights, using Genetic Algorithms (GA) [22] .
Let G and W be the enhanced images and non negative weights sets, respectively, where g 2 G and w 2 W. Enhanced images are normalized between 0 and 1. The weighted mean is then defined as follows:
where N is the number of enhanced images. The set of enhanced images can include: Matched Filter (MF), Frangi's filter (FR), Gabor Wavelet filter (GW), and Intensity Normalization (IN). The adjustment of the weights should enhance the small vessels while suppressing background structures. The weights are obtained using genetic algorithms constrained to:
Genetic Algorithm is an optimization technique based on the principles of genetics and natural selection: from a population of individuals representing possible solutions, evolution is carried out by means of selection and reproduction. The desired solution is a set of parameters that minimizes the evaluation function (objective function). This function represents how much a given solution fits to the reference set delineated by a specialist. Fig 4 shows the steps to select the optimized weights using GA. These steps are executed for each possible combination of the filters set τ. Let M be the number of images in the training dataset. For each possible combination t 2 t with N t filters, the GA selects the weights W 2 W at each iteration. Given a training image I i , i = 1, 2, . . ., M, the algorithm computes enhanced images subset G i 2 G i and then obtains the combined image F i according to Eq (2). Otsu's algorithm segments the image F i . The algorithm evaluates the weights W according to the fitness function defined by Eq (4). This process is repeated until a stopping criterion has been reached. In the end, the algorithm selects the optimized weights W 0 that minimizes the fitness function. The stopping criterion was defined as the maximum number of iterations without improvement of the current best solution, which was 50 iterations.
where ACC i is the accuracy of the image segmentation i defined by:
in which TP stands for True Positive, TN (True Negative), FP (False Positive) and FN (False Negative). The ground truth databases used to calculate accuracy are described in [5] and [7] .
For the segmentation procedure, we use the Otsu's thresholding method [23] . In this work, genetic algorithm is used to find the best filter combination that enhances the pixels of the vessels and suppresses the intensity of the pixels belonging to the background, i.e facilitating the segmentation of the pixels into two classes: vessel or non-vessel. The main motivation to use
Otsu as a segmentation algorithm in the process to select the optimized weights is because this algorithm shows an excellent trade-off between speed and effectiveness for the segmentation. It is a very fast method requiring no parameters to be set other than the number of classes, and yields optimal segmentation results if the classes are Gaussian distributed. However, as retinal images have many artifacts/noise, we use other, more sophisticated image segmentation methods to improve accuracy, as such fuzzy C-Means. For example, given a set of enhanced images obtained by the optimized weighted mean, the segmentation accuracy using the Otsu's algorithm is 0.931, while the segmentation based on the fuzzy C-means algorithm presents accuracy equal to 0.94. Median Ranking. Encouraged by the positive results involving system combination, Belkin et al. [24] performed two other experiments and reported the following observations: when multiple systems have incompatible scores, a combination method based on ranked outputs rather than the individual scores is the proper method for the combination. The enhanced images obtained by the filters presented in this paper have exactly this characteristic. Table 1 shows the Pearson's correlation coefficients [25] of the retinal images enhanced by the filters. According to the table, Matched Filter (MF) and Frangi's filter (FR) have higher linear correlation, since they produce more compatible scores. However, other filter pairs exhibit low or moderate correlation, meaning different incompatible scores.
In this work, we normalize the enhanced images obtained by the filters and then combine the normalized images using the median ranking. For each filtered image, the pixels are ordered from high to low according to the intensity of each pixel. High intensities usually indicate more influential features. Let r k p be the position in the rank of the pixel p in the image enhanced by filter k, k = 1, 2, . . ., N, where N is the number of filters. The pixel with higher intensity of image enhanced by filter k is assigned rank by r k p = top, the runner-up, r k p = top − 1, and so on, where top is the total number of pixels. We calculate the median ranking for each pixel p as:
Fig 5 shows an example of an enhanced image using median ranking.
Segmentation Methods
In our filter combination system, after the enhanced images have been combined, we use different segmentation methods. The segmentation methods are related to the type of approach for filters combination. Enhanced images with median ranking are segmented with a simple threshold, which is obtained automatically using Genetic Algorithms (GA) on the training images of the Drive database and the six first images of the Stare database. In the case of the Drive database, the authors provided a training dataset with 20 images. For the Stare database, the total number of images was 20. We choose 6 training images that represent 30% of this dataset. This value was obtained as a compromise between a good representation in the training of the images and sufficient number of images for the testing. The fitness function is based on accuracy of the segmented images using the threshold obtained at each iteration of the GA, similarly as shown in Eq (3). Whereas, for the enhanced retinal images based on weighted mean, we used two approaches deformable models and fuzzy C-means algorithm, as described below. These segmentation methods were chosen based on their performance. In our deformable model based approach, we have extended the previous approach [26] , by modifying the kernel function to account for the vessels orientation. Deformable Models. Recently, image segmentation based on deformable models is considered one of the greatest successes in the area of image processing [26, 27] . The segmentation of medical images is one of the fields in which this application has proved to be very useful. Compared with other segmentation methods, an algorithm based on deformable models is more flexible and can be used for more complex operations. In this paper, the deformable model is based on the Region-Scalable Fitting (RSF) Energy approach presented by [26] . This method is a variation of Chan and Vese model [27] , described as an active contours approach to the Mumford-Shah problem [28] . The advantage of this approach is that it works well on images with non-homogeneous features, such as those presented in images of blood vessels. Furthermore, we propose a modification in order to make it more efficient in the segmentation of the retinal images.
The algorithm is based on local information intensities controllable in terms of scale. The fitting energy is defined by an active contour and two fitting functions that locally approximate the image intensities on both sides of the contour. The RSF computes local intensity fitting energy on the two sides of the active contour due to Gaussian kernel function with a scale parameter.
Let O & < 2 be the image domain, I : O ! < a given gray level image, C is defined as a closed contour in the image domain O and x a point in O. The energy functional proposed to minimize is [26] :
where y are points in a neighborhood of x, O 1 = outside(C) and O 2 = inside(C), ν, λ 1 and λ 2 are positive constants, and f 1 (x) and f 2 (x) are functions that approximate image intensities in O 1 and O 2 , respectively. The kernel function K is defined as:
where σ is the parameter that controls the scale and u = x − y.
In this approach, we propose a change from the original method. Because the intensity profile of the vessel is symmetrical in relation to a line passing in the center of the vessels and the vessels are present in the image in several orientations [10] , we propose a new kernel function to take into account the vessels orientation. Let p ¼ ½x; y be a discrete point in the kernel and θ i be an orientation. The rotation matrix is defined by:
and the rotated point is given by
The Gaussian filters are obtained using the following function:
where Z is a neighborhood such that Z = {(u, v), |u| 3σ, |v| δ/2} and δ is the length of the filter and the direction of the blood vessel is aligned along the y-axis. By varying the direction in 15°steps, 12 Gaussian filters are generated. This function is similar to that described by [10] .
The maximum response for each point of the image is retained. The initialization of the contour is performed by the method proposed by Sofka and Stewart [29] , which detects the vessels centerlines. Once the initial contour is computed, the algorithm uses an image obtained according to Eq (2) . The result of this operation is a binary image. This approach is referred to as the minimization of Oriented Region-Scalable Fitting energy (ORSF).
Segmentations using Fuzzy C-means. The fuzzy C-means clustering method is the second approach used to segment an enhanced image by the combination using weighted mean. Clustering is the task of assembling a set of objects into groups so that objects in the same group are more similar to each other than those in other groups. The fuzzy C-means algorithm (FCM), developed by Dunn [30] and improved by Bezdek [31] , is one of the most common approaches to solve a clustering problem. The FCM is a clustering method that allows that one element can belong to one or more groups to a certain degree. The FCM is often used in pattern recognition and image segmentation.
In this paper, we use the FCM algorithm to segment the image F formed by the combination of filters. We observe that the non-vascular structures and the background have a lot of variation in gray level. Therefore, we choose c groups: c − 1 serve to group the pixels of non-vessels and only one group is used to group the vessels pixels.
Post-processing
This step is necessary to remove noise and small regions that do not present elongated structures, since they are not part of the vessel. First, the blobs are identified in the binary segmented image. Then, for each blob, a value that indicates how the blob is elongated is calculated by the following equation:
where P is the perimeter and a is the object area. In case E is less than a threshold l, which is obtained experimentally, in this case 2, the object is disposed.
Experiments and Results

Image Databases
The proposed segmentation method using a combination of filters is tested with two public retinal image databases: Drive [3] and Stare [7] . The Drive database consists of 20 training images and 20 test images. The test set only contains four images with pathologies. The images were captured using a Canon CR5 non-mydriatic camera with a field of view having 45 degrees. The field of view (FOV) of each image is circular with a diameter of approximately 540 pixels. For each image, a mask image is provided that delineates the FOV and also two manual segmentations of the vessels. Each image was captured at 768 × 584 pixels and use 8 bits per color channel in the RGB model. Fig 6 illustrates an image of the test set with its respective manual segmentation.
The Stare database contains 20 retinal images, including ten images with pathologies. The images were captured using a TopCon TRV-50 fundus camera at 35°FOV. The images were digitalized to 700 × 605 pixels and 8 bits for each color channel. The database also provides hand-labeled images as the ground truth for vessel segmentation so that the algorithms can be evaluated. Fig 7 illustrates an image of this database and its corresponding manual segmentation. 
Evaluation Metrics
The proposed method is evaluated both qualitatively and quantitatively. The quality of image segmentation is based on visual observations. Quantitative evaluation is done by analyzing error images, which are obtained from the difference in the segmentation of one of the proposed methods in relation to the manual segmentation. The quantitative evaluation of the image segmentation is not a straightforward procedure. There are different quality criteria described in the literature. Accuracy rate (ACC), True Positive Rate (TPR), False Positive Rate (FPR), Area Under the ROC Curve (AUC), Connectivity-Area-Length (CAL) and Matthews Correlation Coefficient (MCC). We will now describe these measures in detail.
Accuracy is the degree of conformity of a measured quantity to its actual (true) value. It is the most widely metric used to quantify the performance of the segmentation methods from images of retinal vessels. The accuracy of the retinal vessel segmentation is defined in Eq (5). The maximum value for the accuracy is 1.0. The true positive rate (TPR) is the sensitivity, whereas the false positive rate (FPR) is associated with the specificity. A ROC curve is a plot of the true positive rate versus the false positive rate by varying the threshold on the probability map. The closer the curve approaches the top left corner, the better the performance of the system. The Area Under the Curve (AUC), which is 1 for a optimum system, is a single measure to quantify this behavior. The AUC is the unique measure calculated using the enhanced image (gray level). All other measures are based on the binary image, where the operating point is determined by the segmentation algorithm.
The Matthews Correlation Coefficient (MCC) is a measure of the quality of a binary classification [32] . It is a measure suitable even when the samples in the two classes are unbalanced, as is the case of the blood vessels in retinal images, where the number of non-vessel pixels is higher than the number of vessel pixels. The MCC values vary between -1 and +1. A coefficient of +1 represents a perfect prediction, 0 no better than random prediction and -1 indicates a total discordance between the obtained classification and the ground-truth. This measure was introduced in 1975 by Matthews [33] and the formula is defined as follows:
Gegúndez-Arias et al. [34] proposed a function, denoted by CAL, which evaluates the vessel connectivity, area and length in a segmented image in comparison with those in a referencestandard image. This measure analyzes the segmentation considering vascularity as a tree-like connected structure with specific anatomical features and not an individual pixel-to pixel comparison. The function is given by:
Connectivity C is defined by Eq (14) . S is defined as the segmentation to be evaluated and S G as the reference image:
where #c(S) and #c(S G ) are the number of connected components in S and S G , respectively, and #(S G ) denotes the cardinality of S G .
The degree of overlapping areas between the S G and S is calculated by:
where δ α is a morphological operator using a disk with radius equal to α. The factor measuring the degree of coincidence in terms of length is given by:
where φ is the result of a skeletonization algorithm and δ β is a morphological dilation using a disk of radius β. As suggested by Gegúndez-Arias et al. [34] , α and β values were set to 2.
Choice of the Parameters
The weighted mean combination filters use Genetic Algorithm to select the best weights for the Matched Filter (MF), Frangi (FR), Gabor Wavelet (GW), and Intensity Normalization (IN), as explained in the Section Weighted Mean and Optimization. Table 2 shows the accuracy obtained by varying all filters and contrast-enhanced image in combination with the weighted mean. According to the table, for the Drive database we obtain accuracy greater than 89% for any combination of filters and segmentation method. The combination using all filters and image contrast shows the best result for this database. For the individual filters, the matched filter presented the best performance. The combination using the three filters showed a lower accuracy rate than the combination of matched filters, Gabor Wavelet filter and intensity normalization. However, for the Stare database, the combinations using MF & GW and MF & FR & GW produced better results using FCM and ORSF methods, respectively. The algorithm is configured having the following parameters obtained experimentally for the Drive database: λ 1 = 3, λ 2 = 3, ν = 130. According to the results of Table 2 , the combination chosen is ALL filters, which has weights equal to 0.6187, 0.0105, 0.2580, and 0.1128 for filters MF, FR, GW, and IN, respectively. The ORSF for Stare database has the following configuration, obtained experimentally λ 1 = 2, λ 2 = 2, ν = 130. The parameter l of the post processing step in both database is equal to 3. The best weights selected by the genetic algorithm are 0.5117, 0.3834, 0.1045 for filters MF, FR and GW.
For the fuzzy C-means algorithm, it is necessary to define the number of classes c. For the Drive and Stare database two classes are used. For both databases, value of l of the post processing step is equal to 2, determined experimentally. In the Drive database, the optimized weights 0.6187, 0.0105, 0.2580, and 0.1128 are defined for the filters MF, FR, GW, and IN, respectively. Whereas for the Stare database, the algorithm uses the optimized weights 0.9058 and 0.0941 for MF and GW, respectively.
For the proposed approach using median ranking, the retinal images from the Drive database are segmented using a threshold equal to 0.8602. Whereas for the Stare database, we use the threshold equal to 0.8808. These thresholds were optimized using Genetic Algorithms (GA) on the training images of the Drive database and the six first images of the Stare database. The fitness function is based on the accuracy of the segmented images using the threshold obtained at each iteration of the GA, similarly as shown in Eq (3).
Analysis of the Experiments
This paper proposes two approaches to combine vessel enhancing filters, named weighted mean and median ranking. Fig 8 shows part of a retinal image, green channel (A) , and the enhanced version using matched filter (B), Gabor Wavelet filters (C), Frangi's filters (D), combination using weighted mean (E) and median ranking (F). Notice that the combination of weighted mean and median ranking give good results for thin vessels, whereas the combination using weighted mean is more robust to the background of the image that are not vessels than the combination using median ranking. Although the approach based on median ranking enhances both noises and thin vessels, the final result is a good segmentation, as can be appreciated from Fig 8G, because the pixel values in the blood vessels are significantly larger than the noise level, requiring only a simple threshold to segment an retinal image.
Figs 9 and 10 show the Receiver Operating Characteristic (ROC) curves [35] of the proposed approaches for both retinal image databases. The proposed approach using median ranking has significantly better area under the ROC curve. Table 3 shows the performance of the proposed approaches in relation to supervised and unsupervised methods for the Drive database test set. The bold values represent the results of the proposed methods and the italic values represent the best rates. Comparing all methods, the proposed approach presents values very close to the best supervised segmentation methods. The accuracy rate of Fraz's supervised [2] and Zhao [36] unsupervised approach are the two highest values in the table. The proposed approach using median ranking has the fifth best accuracy and a value very close to both other ones. For the unsupervised methods, the median ranking has the third highest performance measures compared to other methods. The weighted mean approach using FCM and ORSF have performance measures inferior to supervised methods. However, they are superior to most unsupervised methods, where the use of FCM provides better results than using ORSF. Similarly, the median ranking has the second highest MCC value among the unsupervised methods. Comparing the three unsupervised methods presented in this paper, they all present compatible result for each metric. This can be seen in Figs 11(A), 12(A) and 13(A) , where the result of segmentation using weighted mean with ORSF can be considered more tree-like connected structure than the others. The character "-" means that the method was not implemented and the value metric was not described by the authors in their paper. We do not present all the values in Tables 3 and 4 because for some methods the authors did not present the values for the AUC, TPR, FPR or CAL metrics and the codes are not available. Table 4 presents the vessel segmentation accuracy rate (ACC), true positive rate (TPR), false positive rate (FPR) and the three other measurements AUC, CAL and MCC for the Stare database. The proposed unsupervised median ranking method, comparing ACC values, shows the second best performance among all the other methods including three supervised learning methods and it even outperforms the human observer. Among the unsupervised methods, the approach of [36] [38] and [17] have greater accuracy than the proposed approaches with weighted mean using FCM and ORSF. However, the proposed approaches with weighted mean exhibit better performance than the methods [14] and [13] , and the use of FCM has higher accuracy than using ORSF. Also the median ranking method shows high values for the AUC, CAL and MCC when compared to Soares et al. [5] and Hoover et al. [7] . In both tables, the proposed approaches show high values of TPR, which means a high degree of accuracy in the vessels, especially the median ranking approach. However, the high value of FPR means that this accuracy in the vessels is accompanied by an error above the average of non-vessels pixels classified as vessels. For this reason metrics such as AUC, CAL and MCC are important to be analyzed.
Analyzing the capacity of generalization of the approaches for combination, the weighted mean is more sensitive to characteristics of the image database than median ranking because the weights were optimized according to the training images. However, considering approach weighted mean, the generalization of the optimized combination for the Drive database is higher than the optimal combination for Stare database. The accuracy result for the Stare database using the best combination for the Drive database with FCM and ORSF algorithms, given by the combination All, are 0.8600 and 0.9245 for FCM and ORSF, respectively. Similarly, the FCM and OSFR algorithms using the best combination for the Stare database in Drive noticed that when we apply the best combination to database Stare in the Drive database, the result is closer to the highest accuracy values in Table 2 . The fact that the Stare database present various pathological images, makes it difficult for any segmentation method that uses an optimal combination of the Drive database to obtain a good result in the Stare database. This becomes clear when we tested only the images without pathologies of the Stare database with the best combination obtained in the Drive database. In this case, the FCM and ORSF algorithms obtained accuracies equal to 0.9491 and 0.9362, respectively.
In terms of qualitative results, the Figs 11 and 12 show a segmented image of each database for approach using weighted mean with FCM and ORSF, respectively. Fig 13 shows the qualitative result for the median ranking approach.
Discussion and Conclusions
This work presents a framework to segment blood vessels in retinal images using unsupervised approaches. The combination of filters have relatively better responses compared to a single filter. We use two approaches for the combination of the filters: median ranking and weighted mean. The proposed methods benefit from the different responses to the same pixel.
The approaches were evaluated and compared with some of the best performing methods in the area. According to [5] , one of the difficulties found in the evaluation of the segmentation methods of retinal vessel is the establishment of a reliable metric from manually labeled images. Both Drive and Stare databases have 20 labeled images for testing, which were manually obtained by an expert. Therefore, the ground truth is also subjective to this expert. Ideally, each image should have several manual segmentations performed by different experts. Moreover, a precision measure for pixel-by-pixel classification, such as the sensitivity and the specificity, raises some questions. A pixel that is correctly classified does not necessarily correspond to a good vessels segmentation when considering the context. Since most of the image is defined as background, if the whole image is set as background, we would obtain a good value for the accuracy. However, this would not provide any image segmentation. Metrics such as AUC, CAL and MCC are of interest because they try to overcome this difficulty. They are presently not widely used, specially CAL and MCC. However we think they are important, because they consider the quality of the segmentation process in a more global way. However, only 20 images or 40, if we take both databases in consideration, may not be enough to perform a statistical test reliably. Soares et al. [5] suggested the use of experts for the tests realization.
The proposed approaches are very effective for the retinal vessels segmentation. In quantitative terms, the approach using the median ranking has superior performance than using the weighted mean approach. Moreover, it presents rates higher than the unsupervised methods, described in this work. This approach has better accuracy rate than the supervised methods for the Stare database and performance close to the best method for the Drive database. The weighted mean approach using FCM has better results in terms of accuracy than the ORSF method.
A qualitative visual evaluation is still important, allowing to define advantages and disadvantages of the method, despite being subjective [5] . Even though quantitative results were good, especially in terms of accuracy, in the qualitative evaluation the approaches presented some problems in the segmentation, such as in the thin vessels and in areas close to the borders. These are still some of the challenges in vessel segmentation. In recent years, several articles have been published proposing different methods to segment retinal vessel images. However, an important question that still needs a better clarification is how to best compare the different methods, since ACC by itself is a limited measurement because most of the image can be considered as background. This is an issue not only limited to retinal vessel segmentation but also to any image segmentation problem that have subjective ground truth. For the retinal vessel segmentation problem, we made use of the measurements AUC, CAL and MCC to improve the comparison.
Algorithm availability
The MATLAB implementation of our algorithm is included as supporting information (S1 File). For sample data, the Drive and Stare databases are available at http://www.isi.uu.nl/ Research/Databases/DRIVE/ and http://www.ces.clemson.edu/~ahoover/stare/ respectively. Supporting Information S1 File. MATLAB implementation of our algorithm. (ZIP)
